A. Kuznetsov and V. Lunts showed that over a field of characteristic zero one can always construct a categorical
resolution of singularities. Their approach requires a strong version of Hironaka's resolution of singularities, namely that
any variety can be resolved by a sequence of blow-ups along smooth centres. In the first part of the talk | will introduce
categorical resolutions and Kuznetsov--Lunts' results. Thereafter, | will discuss an alternative construction that
circumvents strong Hironaka: only the existence of projective resolutions is needed. For this the framework of filtered
schemes is paramount. Finally, | will explain ongoing work with M. Van den Bergh on generalising the construction to
orders, certain mild noncommutative varieties.



